Abstract: Low-voltage direct current (LVDC) distribution systems have been evolving into interesting ways of integrating distributed energy resources (DERs) and power electronics loads to local distribution networks. In LVDC distribution systems, voltage regulation is one of the most important issues, whereas AC systems have concerns such as frequency, power factor, reactive power, harmonic distortion and so on. This paper focuses on a voltage control method for a LVDC distribution system based on the concept of multi-agent system (MAS), which can deploy intelligence and decision-making abilities to local areas. This paper proposes a distributed power flow analysis method using local information refined by local agents and communication between agents based on MAS. This paper also proposes a voltage control method by coordinating the main AC/DC converter and multiple DERs. By using the proposed method, we can effectively maintain the line voltages in a pre-defined normal range. The performance of the proposed voltage control method is evaluated by case studies and compared to conventional methods.
Introduction
Recently, there have been studies into DC distribution systems that can bring advantages over conventional AC distribution systems in terms of energy efficiency, power quality and so on [1] . Among various applications of DC distribution systems, low-voltage DC (LVDC) distribution systems, whose rated voltage is less than 1500 V, have unique strengths for distribution network operators (DNOs) in that they can supply diverse energy management services by integrating distributed generation or storage units into local distribution networks [2, 3] . The first commercial application of a LVDC distribution system was built in Finland in 2012 , and has been successfully tested for more than 3500 h, as explained in [2] .
In LVDC distribution systems, voltage regulation is one of the most significant issues for their planning and operation because it mainly defines the quality of the distributed electricity. The main objective of voltage regulation is to maintain the voltage within certain ranges that can guarantee voltage stability and service quality of the distribution system. There are some on-going discussions about the acceptable voltage range for LVDC distribution systems. In this paper, the normal voltage range is defined as ±5% of the rated voltage under the assumption that we need to supply the same voltage quality to the customers as AC distribution systems. According to the American National Standard (ANSI) for distribution systems [4] . system within statutory limits. Because the voltage magnitudes are directly affected by the line currents, management of power consumption or generation in the distribution system is essential for voltage control [17] .
There are two kinds of approaches related to DER integration to the distribution system. The first approach depends highly on local control with power-electronics technology while the other considers system-wise energy management technology. In the first approach, each DER locally controls the voltage at its point-of-common-coupling (PCC). If there are multiple DERs in the distribution system, droop control can be used to prevent unwanted hunting reaction between DERs [18, 19] . The main drawback of this method is that it is difficult to consider system-wide voltage profiles if the line losses are significantly large.
In order to control the voltages system-wisely, we need to use power flow analysis that can calculate bus voltages, line currents, power flows, line losses and so on. This second approach requires supervised management system with communication and system-wise decision-making process. This paper proposes a MAS-based system-wise voltage control method to accurately and effectively control the voltage profile in the distribution lines.
Voltage Problem in DC Distribution System
In a typical radial network as shown in Figure 1a , active power flows along with the feeders in one direction from the grid to the end of the feeder. When loads increase significantly, the voltage profile can fall below the normal range. In this case, the minimum voltage occurs at the end of the feeders. Figure 1b illustrates a loop-type DC distribution system, in which all the loads have two paths to receive electric power from the grid. If DERs are integrated to this system, the voltage profile becomes more complicated than the radial system. To accurately analyze the effect of DERs to system voltage, power flow analysis must be executed. 
Voltage Control in DC Distribution System

Important Issues in Voltage Control
Voltage magnitude is one of the most important parameters for low-voltage distribution systems. Usually, DNOs have a strict responsibility to regulate the magnitude of the voltages of their distribution system within statutory limits. Because the voltage magnitudes are directly affected by the line currents, management of power consumption or generation in the distribution system is essential for voltage control [17] .
Voltage Problem in DC Distribution System
In a typical radial network as shown in Figure 1a , active power flows along with the feeders in one direction from the grid to the end of the feeder. When loads increase significantly, the voltage profile can fall below the normal range. In this case, the minimum voltage occurs at the end of the feeders. Figure 1b illustrates a loop-type DC distribution system, in which all the loads have two paths to receive electric power from the grid. If DERs are integrated to this system, the voltage profile becomes more complicated than the radial system. To accurately analyze the effect of DERs to system voltage, power flow analysis must be executed. Let us assume that Feeder #1 includes only DERs distributed in the line whereas only loads are connected to Feeder #2. As seen with the lines in Figure 2 , overvoltage and undervoltage problems can occur at the end of Feeders #1 and #2, respectively. To compensate the undervoltage problem, the AC/DC converter can adjust its output voltage to a higher value up to 1.05 p.u. Then the voltage profile of the distribution line can be changed to the dashed line in Figure 2 . However, this causes overvoltage problem at the end of Feeder #1. This simple example shows that the coordinated control between AC/DC converter and the DERs (and loads) are very important for secure voltage control. 
Proposed Voltage Control Scheme Using Multi-Agent Systems
Multi-Agent System for Voltage Regulation
Section 2 describes the problem of voltage control without coordination between the AC/DC converter and DERs. This subsection proposes a MAS-based voltage regulation method that can coordinate the main AC/DC converter control and multiple DERs. By using the proposed method, the bus voltages in the LVDC distribution system can effectively be maintained within the normal range. Figure 3 shows the structure of the MAS-based voltage control system. Control agents are classified into two types such as master and local agents. Physically, the master agent links to the controller of the main AC/DC converter and local agents are connected to DER controllers or important monitoring points in the distribution lines. Figure 4 shows an architecture of a control agent for DC distribution network application. The control agents are composed of three main functions: communication, data collection and computation functions. The communication part has two main actions: (1) connection to the other agents to negotiate and exchange data for coordinated tasks and (2) integration with the controller of the AC/DC converter or DER. The data collection function is to measure local data with sensors such as potential transformers (PTs) and current transformers (CTs). The computation function is to monitor voltage events, to calculate power flow analysis, and to make decisions for voltage control actions. Local agents monitor the voltage events and estimate the system parameters to construct the Jacobian matrix. We implemented the decisionmaking process in the master agent that can assign the dedicated tasks to AC/DC converter and/or DERs to accomplish system wise-voltage control schemes. We define two types of local agents: DER agent and monitoring agent. Both types of agents share the same hardware and software platform. The major different between DER and monitoring agents 
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Ovaerall Voltage Control Process Based on Multi-Agent System
In this sub-section, we explain the control hierarchy of the proposed system and communication configuration between multiple agents for common tasks. Physically, the MAS-based control network uses the Ethernet protocol so that the system is easily scalable to the size of the system. The decision-making procedure of the overall MAS network is implemented using CNP, which is based on request-for-proposal (RFP) and bidding process [20] . The overall voltage control process is summarized in Figure 5 .
Step 1
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Ac/dc check and control 
In this sub-section, we explain the control hierarchy of the proposed system and communication configuration between multiple agents for common tasks. Physically, the MAS-based control network uses the Ethernet protocol so that the system is easily scalable to the size of the system. The decision-making procedure of the overall MAS network is implemented using CNP, which is based on request-for-proposal (RFP) and bidding process [20] . The overall voltage control process is summarized in Figure 5 . is that the monitoring agents do not have DER control functions. DER agents link to DER controllers to manipulate active power output for regulating the bus voltage within the normal ranges.
Monitoring agents are installed in important electrical nodes where DER is not integrated. In LVDC radial distribution systems, monitoring agents should be located at the end of the distribution lines because these locations usually have the minimum voltage in the LVDC distribution lines. Without the information of the end of the lines, the accuracy of power flow analysis can be degraded. The master agent determines the control command for the AC/DC converter controller and has responsibility to coordinate multiple agents to accomplish efficient voltage compensation. The proposed control schemes for the master and local agents are described in detail in the following subsections. 
Ac/dc check and control •
Step 1: In normal state, all the agents operate in monitoring mode and measures local voltages. If the measured voltages exceed the normal limits, which is normally ±5% of the rated voltage, the local agents inform the master agent of the voltage problem via request messages with the voltage deviation (∆V k ).
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•
Step 2: The master agent requests for voltage control proposals to all DER agents. The process begins with issuing a request-for-proposal (RFP).
Step 3: Local agents respond to the RFP by sending their bidding information to the master agent. The bidding data include bus voltage, line current, active power margin of the DER, line power flow and a part of the Jacobian matrix of the system. If there is a "virtual bus" defined next to the local agent, the local agent estimates the data of that virtual bus and send them to the master agent. The virtual bus and estimation algorithms will be defined in next section.
Step 4: When the bidding data of local agents arrives, the master agent constructs the Jacobian matrix of the system and decides the best solution for voltage control. The master agent computes the reference value of the AC/DC converter and checks whether the AC/DC converter is available for the reference value or not. If not, the control process goes to step 5.
Step 5: The master agent decides the participation of DERs according to the results of sensitivity analysis. Then, it assigns the tasks to the selected DER agents. In this step, the task is given as an amount of active power injection of the DERs.
If the voltage compensation is not enough due to any errors, the voltage control process is repeated until the amount of ∆V k becomes less than a certain threshold line 0.001 p.u.
Computaion of Local Agent
This sub-section explains how the agents compute the data using distributed computation method based on MAS-based control network.
Computation of Jacobian Matrix with Distributed Algorithms
Power flow analysis using Newton-Raphson method needs the Jacobian matrix of the system. The Jacobian matrix in a DC power system represents the first derivative relationship between active power and bus voltages. Therefore, the inverse of the Jacobian matrix means the sensitivity of the bus voltages over the injected active powers to the corresponding buses. Here, we define the elements of the inverse of the Jacobian matrix as VSFs. This value can be derived from small-signal linear model of power flow equations as:
where J is the Jacobian matrix corresponding to derivations of the active power from the bus voltage magnitude. The full equation of Jacobian matrix is obtained as follows:
• Off-diagonal elements:
• Diagonal elements:
where N is the number of buses, V i and V j are the bus voltages at the i-th and j-th nodes, respectively. The bus conductance matrix G is defined as:
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where g ij is the conductance of the line between i-th and j-th buses. The conductance matrix is similar to the bus admittance matrix for an AC distribution system and the only difference is absence of reactance components. Then, we can obtain VSF that define the voltage sensitivity against power injection. Equation (7) defines the VSF between the voltage at the i-th bus and the power injection at the j-th bus as:
where
ij is the element of i-th row and j-th column of the inverse of the Jacobian matrix. Equation (4) shows that to obtain the diagonal elements of the Jacobian matrix, we must gather two types of information, namely the bus voltages and line resistances of all the buses and the lines at the same time. Generally, energy management systems (EMSs) suffer a significant communication burden to collect those data in the central controller. In addition, EMSs also need to screen bad data due to sensing errors or communication failure using state estimation algorithms.
In this paper, we propose a new algorithm to calculate the Jacobian matrix with distributed computation manners using multiple agents. The voltages of the other nodes in (4) can be replaced by the line currents that can be locally measured by the local agent as:
where, I i,k is the line current from bus i to the adjacent bus k; sign (I i,k ) is defined as '−1' for outgoing current, '1' for incoming current. Then, from (3) and (8), the local agent at bus i can calculate the i-th row of the Jacobian matrix only using locally measured data. Therefore, the cooperation of local agents can construct the complete Jacobian matrix.
Data Related to Power Flow and Power Margins of Distributed Energy Resources
The power margin of a DER can be obtained by monitoring its power output of DER as:
where P margin i is the power margin of the DER at bus i; P rated i and P output i are the rated and output powers of the DER at bus i, respectively.
The line power flow between buses i and j can be obtained as:
where V i and I i,j are the bus voltage at bus i and the bus current between the buses i and j measured by local agent located at bus i, respectively. Because of economic issues, we need to select a limited number of locations for local agent installation. The appropriate locations of the local agents are the points of DER connection for DER agents and the ends of the distribution lines for monitoring agents. This means that some buses in the distribution line are not directly monitored by local agents. Because the number of monitoring buses is reduced, the dimension of Jacobian matrix can be reduced and the computation burden is also relieved. However, this may cause inaccuracy to power flow and voltage sensitivity analysis. To solve this problem, we propose the concept of "virtual bus" that is assumed to be located between two local agents in distribution line as illustrated in Figure 6 . The estimation process can be done by the agents at both sides. Here, we propose how to define the location of the virtual bus and to estimate the voltage at the virtual bus. Because of economic issues, we need to select a limited number of locations for local agent installation. The appropriate locations of the local agents are the points of DER connection for DER agents and the ends of the distribution lines for monitoring agents. This means that some buses in the distribution line are not directly monitored by local agents. Because the number of monitoring buses is reduced, the dimension of Jacobian matrix can be reduced and the computation burden is also relieved. However, this may cause inaccuracy to power flow and voltage sensitivity analysis. To solve this problem, we propose the concept of "virtual bus" that is assumed to be located between two local agents in distribution line as illustrated in Figure 6 . The estimation process can be done by the agents at both sides. Here, we propose how to define the location of the virtual bus and to estimate the voltage at the virtual bus. Assume that multiple loads connected between two agents can be concentrated in the middle of the two nearest loads from the agents as shown in Figure 6 . Then, define the variables related to the lengths: L is the total length between two agents; length1 and length2 are the distances of the virtual bus from buses 1 and 2, respectively. The distances length1 and length2 are obtained as: 
where x and z are the distances from bus 1 and bus 2 to its nearest loads, respectively, y is the distance between these two loads. Then, the line resistances of length1 and length2 are obtained as: The voltage at the virtual bus estimated by agent 1 (Vvb1) can be given as:
Similarly, the voltage at the virtual bus can also be estimated by agent 2 (Vvb2) as:
where I1 and I2 are the line currents measured by agents 1 and 2, respectively. Both Equations (16) and (17) estimate the voltage at the virtual bus using locally measured data.
When do we need to use virtual buses? There is a trade-off between the accuracy and the cost of the system. If there is a small load between agents, we do not need to consider a virtual bus for it Assume that multiple loads connected between two agents can be concentrated in the middle of the two nearest loads from the agents as shown in Figure 6 . Then, define the variables related to the lengths: L is the total length between two agents; length 1 and length 2 are the distances of the virtual bus from buses 1 and 2, respectively. The distances length 1 and length 2 are obtained as:
where x and z are the distances from bus 1 and bus 2 to its nearest loads, respectively, y is the distance between these two loads. Then, the line resistances of length 1 and length 2 are obtained as:
where r line is the line resistance per unit length in Ω/km. The voltage at the virtual bus estimated by agent 1 (V vb1 ) can be given as:
Similarly, the voltage at the virtual bus can also be estimated by agent 2 (V vb2 ) as:
where I 1 and I 2 are the line currents measured by agents 1 and 2, respectively. Both Equations (16) and (17) estimate the voltage at the virtual bus using locally measured data. When do we need to use virtual buses? There is a trade-off between the accuracy and the cost of the system. If there is a small load between agents, we do not need to consider a virtual bus for it because a new virtual bus can increase the dimension of Jacobian matrix. With multiple simulation studies, we found that two conditions need to be met for the use of virtual buses. First, the distance between distributed loads need to be longer than 10% of the total length of the distribution system. Second, total amount of loads between two agents need to be larger than 10% of the total loads in the system. Otherwise, like short distances or small loads, we do not need to consider to use a virtual bus. Figure 7 shows the flow chart of control procedures in local agents. In short, local agents have several responsibilities: (1) to check voltage violation problems; (2) to measure local power system data; (3) to calculate the corresponding row of the Jacobian matrix, line power flow, and active power margin of DER and (4) to estimate the voltage of the virtual bus based on local data. Then, send bidding data to the master agent for system-wise voltage control process. Local agents also send control signals to the DER to inject power into the system. because a new virtual bus can increase the dimension of Jacobian matrix. With multiple simulation studies, we found that two conditions need to be met for the use of virtual buses. First, the distance between distributed loads need to be longer than 10% of the total length of the distribution system. Second, total amount of loads between two agents need to be larger than 10% of the total loads in the system. Otherwise, like short distances or small loads, we do not need to consider to use a virtual bus. Figure 7 shows the flow chart of control procedures in local agents. In short, local agents have several responsibilities: (1) to check voltage violation problems; (2) to measure local power system data; (3) to calculate the corresponding row of the Jacobian matrix, line power flow, and active power margin of DER and (4) to estimate the voltage of the virtual bus based on local data. Then, send bidding data to the master agent for system-wise voltage control process. Local agents also send control signals to the DER to inject power into the system. 
Computation Procedure of Local Agents
Control Procedure of the Master Agent
When a request for voltage restoration is transferred by local agents, the master agent first chooses the target bus that has the maximum voltage deviation from the normal range. In the proposed voltage control strategy, the master agent determines the reference value of the AC/DC converter and the power injection of DERs based on their bidding information.
The decision-making model of the master agent is the most important function that affects to the main concept of our voltage control algorithm. There are two criteria in the decision-making model 
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Assume that i-th bus is the target bus that has the maximum voltage violation exceeded the normal range. This means the Vi is the minimum voltage in an undervoltage problem or the maximum voltage in an overvoltage problem. According to the proposed method, the first control action is to change the output bus voltage of the AC/DC converter to make the voltage at the target bus restored within the normal range. The master agent should calculate the new voltage control command of the AC/DC converter. Define that Vi new is the voltage of the target bus that we want to restore after the AC/DC converter control and Vi old is the voltage before control. Then, the voltage difference at the target bus can be calculated as:
Similarly, the differential voltage at the (i − 1)-th bus is also given as: 
Control Command for the AC/DC Converter
Let us define the node voltages at the (k − 1)-th and k-th buses as V k−1 and V k , respectively and the branch currents and the line power flows between (k − 1)-th and k-th buses as I k−1,k and P k−1,k , respectively as illustrated in Figure 9 . of the master agent. First, the participation of the main AC/DC converter has priority to the control of DERs. Second, the master agent determines the participation of DERs in voltage control by comparing their VSFs. Figure 8 shows the decision-making procedure of the master agent in detail. In this subsection, we propose the voltage control algorithm for the AC/DC converter first and then discuss how to determine the control command to DERs for voltage control. Figure 9 . Power system parameters in LVDC radial distribution system.
Similarly, the differential voltage at the (i − 1)-th bus is also given as:
On the other hand, the voltage at the i-th bus before and after the AC/DC converter control can be obtained from bus voltage and branch current measured at the (i -1)-th bus as:
where r i−1,i is the line resistance between the (i -1)-th and i-th buses. If the loads consume constant power, we can assume that the line power flows P i−1,i before and after the control action are almost the same. Then, we can obtain the equation about the line power flow between buses (i -1) and i as:
With (22), we can rewrite (20) and (21) as:
From (18) to (24), we can obtain the following equation, which is a linear quadratic equation of ∆V i−1 as:
The detail derivation process of (25) will be provided in Appendix A at the end of this paper. In (25), the values of V old i−1 and P i−1,i can be measured by the local agent and r i−1,i is a given value from the distribution system topology. When we apply the quadratic formula to (25), we can obtain ∆V i−1 as a function of ∆V i as:
where the sub-functions f 1 and f 2 can be defined as:
From (26) to (28), it can be noted that in order to compensate the voltage at the target bus as much as ∆V i , we need to change the voltage at (i − 1)-th bus as ∆V i−1 . If we apply (26) up to the first bus where AC/DC converter installed using backward sweeping method, we can finally obtain the voltage change command of the AC/DC converter as: where:
In (29) through (31), V old 1 is the voltage measured at the AC/DC converter, and ∆V 2 is the voltage change at bus 2 required for restoration in the target bus as much as ∆V i . The value of P 1,2 and r 1,2 are the line power flow and line resistance between buses 1 and 2, respectively.
Finally, the voltage control command of the AC/DC converter can be obtained from (29) as:
If the margin of the output voltage of the AC/DC converter is smaller than ∆V 1 , the AC/DC converter cannot fully compensate the voltage problem at the target bus. For example, consider a case that AC/DC converter already maintained the output voltage as 1.05 p.u. during undervoltage problem. Then, the AC/DC converter cannot increase the voltage more because the voltage at the AC/DC converter exceeds the upper level limit. Then, the master agent controls the AC/DC converter at the maximum value and activates power control of DERs for the remaining voltage control task.
Control Command for Distributed Energy Resources
As shown in Figure 8 , the DERs control is activated if and only if the voltage problem lasts after using AC/DC converter control. Then, the master agent selects DERs and then determines the active power output of the selected DERs according to bidding information such as the VSF and real power margins of the DERs. The selection rule of DER is to choose the DERs that have larger VSF values first. Then, we calculate the injection power of DER to compensate the target bus voltage within the normal range. The equation for determining the DER power is as:
where, bus k is the target bus and j is the bus index where the selected DER is connected. The variable ∆V k represents the voltage deviation of the target bus from the normal range and ∆P j is the required additional power injection from the DER. If the power margin of the selected DER is smaller than ∆P j , the voltage at the target bus cannot be fully compensated. Then, the master agent selects another DERs with the second largest VSF value and similarly calculates the injection power command to compensate the remaining voltage deviation after the first DER control action. This process repeats until the voltage at the target bus is completely compensated.
Simulation Results
Test System Layout
To verify the performance of the proposed voltage control scheme, we implemented a simulation model of a LVDC distribution system using MATLAB version R2015b developed by MathWorks (https://www.mathworks.com/) as shown in Figure 10 . The AC/DC converter interconnects the LVDC system to the 22.9 kV medium-voltage AC grid. The simulation model is a typical radial distribution system with nine buses whose rated voltage is DC 1500 V. The requirement for voltage regulation is ±5% of rated voltage over the whole distribution lines [4] . The distribution line is modeled as one of the popular types of overhead line in South Korea, OW 60 mm 2 , of which line resistance is 0.313 Ω/km. The configuration of the LVDC distribution system is a bipolar system that has positive and negative poles as explained in [2, 3] . The voltage difference between two poles is 1500 V and the loads are connected between the positive and negative poles. The distance and resistance of the distribution line are listed in Table 1 .
We assumed that four DERs are connected to the distribution system and their rated power is identically set to 20 kW. Hence, the maximum power injection from all the DERs are 80 kW. Loads are distributed over the distribution lines as shown in Figure 10 . Load changes differently in each study cases from 100 kW to 300 kW. Figure 10 also illustrates the configuration of MAS-based voltage control system. The test system is comprised of one master agent at bus 1 and four local agents at buses 2, 3, 8 and 9 in the feeder. For all the following cases, we assume the following conditions:
•
The output voltage of the main AC/DC converter is maintained at 1.0 p.u. in nominal operation.
The minimum and maximum allowable voltages are 0.95 p.u and 1.05 p.u., respectively. Table 1 . Line parameters of the test LVDC distribution system shown in Figure 10 .
From Bus
To Bus As seen in Figure 10 , there is no local agents installed between bus 4 and bus. In this unmonitored region, bus voltages are not directly measured by local agents, but rather estimated by the agents considering the "virtual bus" concept. There are three values such as x, y and z to represent the distances between load buses that are not directly measured by local agents as depicted in Figure  10 . In this section, we evaluate two case studies to evaluate the performance of the proposed method and compare the results to conventional methods. In case 1, the distance between buses 3 and 8 is relatively short and the loads in between are also small whereas the distance and the loads between the buses are relatively long and large in case 2.
In each case, we assume three different loading conditions such as normal loading condition (L0), heavy loading condition (L1) and heavier loading condition (L2), which can be defined as:

Normal loading condition (L0): In this condition, we do not need to compensate the voltages of the system because loads are moderate so that all the buses in the LVDC distribution system are within the normal range.  Heavy loading condition (L1): In this condition, the distribution system suffers an undervoltage problem due to load increase. This problem can be fully compensated by the AC/DC converter control.  Heavier loading condition (L2): Load increase more than heavy loading condition (L1) so that the LVDC system suffers severe undervoltage problems. In this case, both the AC/DC converter control and DER control are needed to compensate the voltage problem.
In each case, the results of the proposed method are analyzed in detail over the three different loading conditions. Table 2 list the three loading conditions for each case study. The values are Figure 10 . Configuration of a LVDC distribution system and MAS-based control system for simulation studies. Table 1 . Line parameters of the test LVDC distribution system shown in Figure 10 . 5 Ω where V base = 1500 V, P base = 100 kW.
From Bus To Bus
As seen in Figure 10 , there is no local agents installed between bus 4 and bus. In this unmonitored region, bus voltages are not directly measured by local agents, but rather estimated by the agents considering the "virtual bus" concept. There are three values such as x, y and z to represent the distances between load buses that are not directly measured by local agents as depicted in Figure 10 . In this section, we evaluate two case studies to evaluate the performance of the proposed method and compare the results to conventional methods. In case 1, the distance between buses 3 and 8 is relatively short and the loads in between are also small whereas the distance and the loads between the buses are relatively long and large in case 2.
• Normal loading condition (L0): In this condition, we do not need to compensate the voltages of the system because loads are moderate so that all the buses in the LVDC distribution system are within the normal range.
• Heavy loading condition (L1): In this condition, the distribution system suffers an undervoltage problem due to load increase. This problem can be fully compensated by the AC/DC converter control.
•
Heavier loading condition (L2): Load increase more than heavy loading condition (L1) so that the LVDC system suffers severe undervoltage problems. In this case, both the AC/DC converter control and DER control are needed to compensate the voltage problem.
In each case, the results of the proposed method are analyzed in detail over the three different loading conditions. Table 2 list the three loading conditions for each case study. The values are arbitrarily chosen to show the control performance clearly. The results are also compared to the previous control method proposed in [15] . In this case, the distance of the unmonitored region between buses 4 and 7 are relative short and their loads are also small. The voltage profiles under different loading conditions before and after control actions are listed in Table 3 . Table 4 provides the detailed computation results of VSFs under the proposed method in this paper and the conventional method described in [15] . In Table 3 , the second column explains the voltage profile during normal loading condition (L0). In this condition, the minimum voltage is 0.9588 p.u., which is in the normal range. The third column in Table 3 shows the voltage profiles during heavy loading condition (L1). Due to the increases in loads, the voltage at bus 9 reduces to 0.9426 p.u. below the normal range. In the proposed method, the local agent 4 can detect the voltage violation and requests for voltage compensation to the master agent as much as 0.0074 p.u. After receiving the request message, the master agent computes the required change in the AC/DC converter output voltage as 0.006962 p.u. to make the minimum bus voltage over 0.95 p.u. using (32).
The fifth and seventh columns in Table 3 show the results for L1 loading condition after the AC/DC converter control using conventional method [15] and the proposed method. It can be noted that the output voltages of the AC/DC converter are 1.02867 p.u. in the conventional method and 1.006962 p.u. in the proposed method while the overall voltage profiles are maintained within the normal range. This means the proposed method can maintain the system voltage with smaller control efforts. This is due to precise computation without simplification of the system model in the proposed method compared to the conventional method.
The fourth column in Table 3 shows the voltage profile on L2 loading condition after the AC/DC converter control. Note that the voltage at bus 1 becomes 1.05 p.u. due to the maximum AC/DC converter control. However, even after the AC/DC converter control, an undervoltage problem still exists at bus 9 as 0.9463 p.u. Therefore, we need to use the power injection from DERs to compensate the remaining voltage problems. For this, the master agent sends an RFP signal to local agents and the local agents at buses 2, 3, 8 and 9 to receive locally computed information such as the corresponding row of the Jacobian matrix and the margin of DERs. Then, the master agent calculates the required power injection from the DER using (33).
The sixth and eighth columns of Table 3 list the voltage profiles after control action of the conventional and proposed methods, respectively. In both results, the voltage profiles can be maintained within the normal range between 0.95 p.u. and 1.05 p.u. However, in the proposed method, the DER can inject less active power than the conventional method. Table 4 provides the accuracy of the computational results for the VSFs in the proposed and conventional methods for heavier loading condition (L2). The second and fourth columns in Table 4 show the VSFs computed by the proposed method with or without virtual bus concept. The sixth column gives the VSFs calculated by the conventional method of [15] . According to the results, the VSF of the bus 9 is the largest. This means the DER at bus 9 can compensate the voltage problem with the minimum power injection to the distribution system.
The third, fifth and seventh columns in Table 4 represent the computational error against ideal power flow analysis when local agents are connected to all the buses in the distribution system including the buses between buses 4 and 7. The computation error in the proposed method is less than 0.022% with virtual bus concept while the conventional method has around 10% error. The proposed method with virtual bus concept is the most accurate compared to the others. In addition, the required power injection of DER at bus 9 is 6.0775 kW in the proposed method while 7.0543 kW in the conventional method. This means that the proposed method can save about 1kW for the voltage compensation compared to the conventional method. Figure 11 shows the graph of the voltage profile of the LVDC distribution system in case 1.
than 0.022% with virtual bus concept while the conventional method has around 10% error. The proposed method with virtual bus concept is the most accurate compared to the others. In addition, the required power injection of DER at bus 9 is 6.0775 kW in the proposed method while 7.0543 kW in the conventional method. This means that the proposed method can save about 1kW for the voltage compensation compared to the conventional method. Figure 11 shows the graph of the voltage profile of the LVDC distribution system in case 1. The major difference case 2 from case 1 is that the distance between buses 3 and 8 becomes larger and the loads in between grow bigger. Because there is no local agent installed between buses 4 and 7, the power system parameters such as bus voltage and line currents are not measured in the region. Therefore, we can expect that the error in power flow analysis may increase due to the effect of the unmonitored region. Table 5 lists the voltage profiles of the LVDC distribution system on three different loading conditions before and after the voltage control. Similar to case 1, the voltage profile is good without any voltage control actions in the normal loading condition (L0). The minimum voltage is 0.9572 p.u. at bus 9 within the nominal voltage range. During heavy loading condition (L1), the voltage at bus 9 plummets to 0.9057 p.u. as shown in the third column in Table 5 . In this condition, the AC/DC converter can compensate the voltage problem by increasing the output voltage of the AC/DC converter control using the conventional and proposed control method, respectively. Both results are good but the proposed method can change the output voltage of the AC/DC converter less than the conventional method. This means the proposed method can achieve the control task with less effort.
During heavier loading condition (L2), the voltage profile of the LVDC distribution system cannot remain in the normal range even after the AC/DC converter control. In this condition, the DER active power control must be activated. The sixth and eighth columns of Table 5 show the voltage profiles after DER control in the conventional and proposed methods, respectively. Both results are acceptable because the voltage profiles are well maintained within the normal range. Table 6 shows the computation results for VSF of the DERs for the voltage compensation at bus 9 during L2 condition. The results in Table 6 indicate that the maximum error of the proposed method with virtual bus concepts is still less than 1% (0.52%) whereas the error without virtual bus is higher than 5% (5.67%) and the error of the conventional method is more than 10% (15.36%). This means that the virtual bus concept is essential when the unmonitored region is lengthy and highly loaded.
As discussed in Section 3, the virtual bus is located at length 1 = 0.582 km according to (11) . Two agents at buses 3 and 8 can estimate the voltage at the virtual bus individually and send the estimated voltage to the master agent. The master agent can use the average of two estimated virtual bus voltage from two agents. With this idea, the proposed method can filter out noises in the estimated voltages. Figure 12 shows the graph of the voltage profile of the LVDC distribution system in case 2. Figure 13 shows the comparison between the power injection of the DER to compensate the voltage problem during heavy loading condition (L2) in cases 1 and 2. For example, the required power injection of the DER at bus 9 is 17.143 W in the proposed method while the conventional method requires 19.811 kW. This means that the proposed method can save 2.668 kW while providing the same voltage compensation. This result shows the main advantage of our proposed method compared to the conventional method because the proposed method can use less active power to solve the same voltage problems in both cases. 
Conclusions
This paper presented a new voltage control scheme for LVDC distribution system using coordination control between the main AC/DC converter and multiple DERs based on MAS. The proposed method distributes power flow analysis and decision-making procedure to multiple local agents. Since local agents can detect voltage problems in real time and refine raw data to system information of the overall system, the computation burden in the master agent can be significantly relieved. For example, the roles of the local agents are to monitor the local bus voltage and currents, to detect the voltage problem and to request the voltage compensation. Local agents also compute the power system data such as corresponding rows of the system Jacobian matrix, power margin of DERs, line power flow and so on. All the functions of the local agents can be implemented in an affordable microcontroller. 
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When a voltage problem occurs, local agents participate in the bidding process based on the CNP. This paper also proposed the definition of "virtual bus" and presented how to estimate the power system data of the virtual bus in the neighboring local agents. By using the virtual bus, we can use the data of unmonitored buses into the system analysis so that the proposed method can be more accurate. The proposed method is compared to the conventional method with case studies. Through the simulation results, it was numerically verified that the proposed method can solve voltage problems more accurately and use smaller control efforts than the conventional method. Author Contributions: Trinh Phi Hai developed the main idea of the paper and also compiled the manuscript; Hector Cho and Hyun-Koo Kang advised to apply multi-agent based control algorithms to the paper; Il-Yop Chung proposed the main idea and supervise the overall research; Jintae Cho and Juyong Kim advised to improve the results of the paper in terms of practicality in real power systems.
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